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Modular forms are (meromorphic) functions on the complex upper half-plane that satisfy simple 
transformation formulas under fractional linear transformations. In particular, a modular form has a 
Fourier expansion in the variable $q=e^{2\pi iz}, and the Fourier coefficients often are interesting 
arithmetical functions. Modular forms are fundamental objects in complex analysis and number 
theory. What seems to be less known is that modular forms also have infinite product expansions 
of the form $\prod_n(1-q^n)^{c(n)}$ and the exponents $c(n)$ also often seem to carry important 
information on the function. For example, there is famous work by Borcherds that relates the 
exponents of modular forms with so called "Heegner divisors" to Fourier coefficients of modular 
forms of half-integral weight. 
 
In this talk, I would like to show how these exponents can also be used to characterize those 
modular forms which do not have zeros or poles on the upper half-plane. 
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